5.1 1) [z] =|a—bi| = /a2 + (=b)2 = Va2 + 1% = |2|
L’exercice 4.4 1) a montré que 2z = a* 4+ b*, d’ou suit immédiatement

que vVzZzZ=+Va2+ b =|z|.
2) (a) Siz=0, alors |z| =+v02+02=0.

(b) Soit z = a + bi un nombre complexe tel que |z| = 0.
0 < a| = Va2 < Va2 + b2 = |z| = 0 impose |a| = 0, d’'ott a = 0.
De méme, 0 < [b] = Vb2 < Va2 + b2 = |z| = 0 donne b = 0.
Par conséquent, z =04 07 = 0.

3) Azl = [A(a+bi)| = [Aa+Abi| = /(Na)P+ (VD)2 = VAZaZ + AZD2 =
N (@ +07) = [N V@ 82 = |\ 7]

) |nznl=vVanta=vaanaa=Vvananh=Vanvazn= |al||x
Autre preuve :
|21 22| = [(a1 + b1 7) (ag + bai)| = |(a1 az — by ba) + (a1 be + az by) i| =
\/(al as — b1 b3)? + (a1 by + az by)? =
\/a%ag—2a1a2b1b2+62b2+a%62+2a1a2blbg+a362:
Vaiai+a}b3 + b3 a3+ 0303 = \/a} (a3 +b3) + ad (ai + b%) =
V(ad +07) (a3 +03) = /(af + 7) /(a3 + B3) = |1 |2z

1 1 1
5) 1=11] = z'_’:\zl _’ donne (en divisant par |2]) 7 = |-
Autre preuve :
1_11_\/11_1_ﬁ_1
2l Vz\z) Vzz Vzz 2z |Z‘
Autre preuve :
1 1 1(a—bi — bi L
e ] = s P e | b =
z a+bi (a+0bi)(a—bi) a? + b2 a* + b?

. 2 12 1 1
| bl = e Y -
a2 + b2 a2 + b2 a+b Va2t i2
5 1 1 z

o 2 o 2 2 -l
29 29 22 |Z2| ‘22‘
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